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It is often argued that spontaneously broken
symmetry (SBS)'~3 theories cannot explain the
approximate symmetries of hadron*® and high-
energy lepton®7 physics because the expected
conserved currents (and their Goldstone bosons
or long-range interactions) are not observed.
The purpose of this Letter is to show that this
argument is probably incorrect because it ap-
pears that a SBS current is in general not con-
served.

We consider the quantum electrodynamics
of “electrons” and “muons” without bare mass-
es.®”!! In a two-component notation for the
electron-muon field, this theory is invariant
under the group SU(2)®SU(2)®U(1), containing
the 7, 957, and »® gauge transformations.°
In the Landau gauge, the lowest order Dyson-
Schwinger equation for the fermion propagat-
or has finite solutions for which nearly the whole
group, the 7, symmetry excepted, is spontan-
eously broken (in agreement with the experi-
mental situation) and for which the mass re-
normalizations are finite.!°"!® As in the pres-
ent approximation all renormalizations are
finite,'® we will use the unrenormalized cou-
pling constant and propagators.

Because the field operators are unbounded,
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one has to define the currents by a limiting
procedure.!;!®* We smear out the lepton field
operators in the equal-time plane:

2Oy = [rG- W&, x,)d 1)
with

Jr@asy=1,

and take

9 _3 _3T2/.2
FG)=e Pr2e TV

7@)=Je® Vi G)ady e TP/ 4 (2)

The details of the smearing function are un-
important, as long as it is spherically symmet-
ric and sufficiently localized. Only relations
which remain finite and become independent
of € for sufficiently small € will have a phys-
ical significance.

Consider the lepton-changing current
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m and e denoting muon and electron. The ma-
trix element of the divergence between momen-
tum eigenstates of the muon and electron is
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We will show in a perturbation theory of infinite order that the right-hand side of Eq. (5) for € ~0
has a nonzero limit. A similar (but exact) conclusion has been obtained for the Thirring model in
another connection?’®; the possible relevance of that result for SBS theories was pointed out by Katz
and Frishman,!®

After applying the reduction technique, performing the perturbation expansion of the resulting 7'
product, and summing over infinitely many lepton self-energy terms, one may represent the result
of Eq. (5) by the graphs in Fig. 1.

In these graphs the photon propagator and vertices are the free ones, and the Landau gauge is used.
The fermion propagator is a non-normal solution!?!® of the lowest order Dyson-Schwinger equation
and has the form

SV_I(P)= iﬂ+mr(92), Y=e or m, ®)

The neglected graphs are of fourth and higher order. Graph A corresponds to
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In Ref. 12 it is shown that the integral in Eq. (7), but without the convergence factor, is conditional-
ly convergent, i.e., one may not freely translate the integration variable. Therefore, the argument
in the convergence factor defines the integral. As a generalization of a result of Ref. 12, one may
prove the relation

- —-—c2t2
e t /ZDW(b-t)y“se (t—a)yyd4t=z‘2—:¢+me[(b-a)2]; @®)
€—0
m m m m application to the integral in expression (7)
P b b b gives the value i(3a/16m)(#~4) +me (g?).
, In graph C the f functions do not contain the
. integration variable. One obtains the usual
ki |p-k 7 o-k self-energy integral, symmetrically integrat-
Y. AN P Y- N . ed over the fermion momentum, as is neces-
fe-k) ) @) k"\\ H(p-k) sary for the consistency of the theory'? and
k-'/ ?(G—R)-I- 5@ - @ - NLFGR) as follows also from a definition of the electric
: / i current in the field equations by a similar lim-
N |a-k k, a-k iting procedure as the one of Eq. (3). This
A \ same limit, defining the theory, occurs in all
’ graphs and has to be performed before the lim-
q q a q iting procedure in the other current operators
e e e e (representing measurements which can only
A B C D be made on the system after it has been defined).
As we have to keep € finite up to the .end of the
FIG. 1. Feynman graphs corresponding to Eq. (5); calculation, the f’s determine the cutoff when-
the multiplying functions 7 are defined in Eq. (2). ever they depend on the integration variable.

1301



VOLUME 17, NUMBER 26

PHYSICAL REVIEW LETTERS

26 DECEMBER 1966

With a =0, b =¢, one finds for graph C the self-energy me(qz) which cancels the diagonal part of graph
A. Treating graphs B and D in the same way, one finally obtains

lim(m,plavjv(€)+ §gei((Z—P)xﬁ
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The matrix elements of the other SBS currents may be calculated in a similar way; for example,

timep 10", Proyte, =132 Yo a oy u ), (10)
tim G, 1%, wte, =32 P o vm o) @) (11)

One may note that if the mass relations are the ones of a certain unbroken symmetry, the one-par-
ticle matrix elements of the associated current are conserved and vice versa. Except for a renor-
malization factor, the calculated divergences equal the ones of the corresponding currents of free,

but massive, lepton fields.

The considered mechanism of current nonconservation has some similarity with the one of an ex-
tended SBS model of the Heisenberg ferromagnet,!” where current loss to infinity in space is caused
by a static long-range interaction [with the momentum singularity 8(p) at b,=0]; in the present theory
the current leaks to the region of infinite momenta through the singularity o (x) at x,=0 of the com-

mutation relations.
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